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The following corollary is a real-variable version of Theorem 1. : "The remarkable phenomenon is that the inequality still holds for the critical value (ae,,) itself." The difference between Moser's result, for n = 2, and ours, is that his integral (1.7) takes place on the disk and is concerned with real-valued functions. Thus he is able to symmetrize his functions and reduce his problem to a problem about Cl functions on the interval [0, oo). Our integral (1.1) takes place on the boundary of the disk and is concerned with analytic functions. We wish to emphasize here the influence of the works of Beurling and Moser on our proof of Theorem 1. As the discerning reader will undoubtedly notice, it is Beurling's proof of (1.2) that we modify and it is Moser's method of splitting and estimating the integral (1.7) that motivates our splitting and estimating the analogous integral (1.1). We are grateful to John Garnett for several discussions.
The Beurling Functions.
Since the functions Ba(z)1= log 1o, which Beurling considered, yield the extreme cases for the estimate (1.2) of the distribution function I EM I, we will first show that Theorem 1 holds for these functions. This is accomplished by improving the estimate (1.2) when M < log 1 . We also have that where c, is a constant depending only on 60.
To further orient the reader we consider another simple, special case. We suppose that N < Nao No, with No > 1. In other words, we suppose a c ao, where ao is to be chosen later. We assume also in this case that 6 < 60 < 1/8. Then 
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We remark here that the estimate which we will use below to estimate the first and fifth terms in (4.7) really works for the integrals 5('-cV6) Nand 00I +^4Nrespectively. But it is the delicate method of estimation in Moser [3] that we adapt to our integrals which allows the passage from N/ito 6 in the central terms of (4.7). 
